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ABSTRACT

Nuclear magnetic resonance gyroscopes (NMRGs) have broad application perspectives with the advantages of
low cost, low power consumption, miniaturization-ability and high precision. The transverse relaxation rate of
noble gas nuclear spins is used to evaluate the performance of vapor cell, which also affects the angle random
walk (ARW) of NMRG systems. The inhomogeneity of electronic spin polarization spatial distribution is one of
the essential sources of the transverse relaxation rate. In this paper, we study the influence of the pump power
and beam diameter in the transverse relaxation rate of noble gas nuclear spins through numerical simulations
of electronic spin polarization and experimental measurements of transverse relaxation time. Simulations of
the electronic spin polarization spatial distribution are proposed based on the Bloch–Torrey equations. The
transverse relaxation time of noble gas nuclear spins under different pump power and beam diameters is measured
by the free induction decay (FID) method. Experimental results show that the transverse relaxation rate of
nuclear spins increases with pump power. The relaxation rate with a 2.3mm pump beam diameter is larger than
with a 1.3mm diameter. Furthermore, we innovatively find that the transverse relaxation rate shows a linear
relationship with the electronic spin polarization obtained from the numerical simulation. This work provides a
reference for the study of nuclear spin relaxation and the optimization of the parameters of the pump beam in
NMRGs.
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1. INTRODUCTION

Atomic sensors play a significant role in many areas, such as magnetic field measurement1,2 and inertial mea-
surement.3,4 NMRGs are gaining more and more attention as a typical kind of micro atomic sensors with the
advantages of low cost and high precision.5,6 The transverse relaxation time of noble gas nuclear spins affects
the angle random walk(ARW), and it is considered to be an important parameter to evaluate the performance
of NMRGs.3 Therefore, the study of transverse relaxation rate has become an essential issue.

Laser parameters have effects on the performance of atomic sensors, while pump power and beam diameter
especially affect the spatial distribution of electronic spin polarization.7–9 Researchers have analyzed the spatial
distribution of electronic spin polarization through the numerical simulation method.9,10 The inhomogeneity of
electronic spin polarization has a significant effect on signal amplitude and measurement accuracy.11 In NMR
gyroscopes, the inhomogeneity of electronic spin polarization would affect the inertial measurement sensitivity.9

However, these research findings need to include the analysis of the influence of laser parameters on transverse
relaxation time.

Further author information: (Send correspondence to Li Jianli)
Li Jianli: E-mail: lijianli@buaa.edu.cn
Mao Yunkai: E-mail: maoyunkai6@buaa.edu.cn

SPIE-CLP Conference on Advanced Photonics 2022, edited by Xu Liu,
Anatoly Zayats, Xiaocong Yuan, Proc. of SPIE Vol. 12601, 126010R

© 2023 SPIE · 0277-786X · doi: 10.1117/12.2667172

Proc. of SPIE Vol. 12601  126010R-1



In this paper, the influence of pump power and beam diameter on the transverse relaxation time in the
NMRG is analyzed. Firstly, the spatial distribution of electronic spin polarization under different pump power
and beam diameters is simulated based on the Bloch-Torrey equations. Then the transverse relaxation time
of noble gas nuclear spins is measured through the FID method. Finally, the correlation between the average
electronic spin polarization and the transverse relaxation rate of noble gas nuclear spins is obtained, which is of
great significance for the study of the composition of the transverse relaxation rate and the improvements in the
accuracy of NMRGs.

2. PRINCIPLE

2.1 Numerical simulations of the electronic spin polarization

In the NMRGs, the electronic spin polarization spatial distribution satisfies the Bloch-Torrey equations:12

∂Pe

∂t
= γePe ×B +De∇2Pe +Rop(1− Pe)−RePe, (1)

where Pe represents the spin polarization of the alkai metal electrons, De represents the diffusion of the alkai
metal electrons, γe is gyromagnetic ratio, Rop indicates the rate of optical pumping, the total relaxation rate of
alkali metal electrons is Re. The value of these parameters could refer to Jia’s research.9

Under the steady-state condition, this equation can be simplified into:

De∇2Pe = RePe −Rop(1− Pe), (2)

The boundary condition of equation(2) is:

De∇Pe = Pe(RopDe)
(−1/2). (3)

2.2 The FID method in measuring the transverse relaxation time

The transverse relaxation time of atoms is measured through the FID method, which is the industry standard
method. Taking the magnetic field and relaxation time into consideration, the net magnetization vector of noble
gas satisfies the Bloch equations:13

dMx

dt = γn(MyBz −MzBy)− Mx

T2
dMy

dt = γn(MzBx −MxBz)− My

T2
dMz

dt = γn(MxBy −MyBx)− M0−Mz

T1

, (4)

where T1 represents the longitudinal relaxation time, and T2 represents the transverse relaxation time, Mx,
My, and Mz respectively indicate the projection of the net magnetization vector along the x, y, z direction, γn
indicates the gyromagnetic ratio of noble gas Xe.

The FID method requires a π/2 pulse to drive up the Xe precession. The driven magnetic field and duration
time are expressed as:

γn
B1

2
tπ/2 =

π

2
, (5)

where B1 is the driven magnetic field and tπ/2 id the duration time of the pulse.

When the pulse is applied, the magnetic field becomes into: Bx = B1 cos(ωat)
By = B1 sin(ωat)
Bz = B0

0 < t ≤ tπ/2, (6)

where ωa represents the frequency of the resonance between noble gas and static magnetic field B0, which means
ωa = γnB0 .
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When the driven magnetic field B1 is shut down, the solutions could be obtained through the equation(4):
Mx = Mxytπ/2e

−(t−tπ/2)

T2 cos(ωat− φ)

My = Mxytπ/2e
−(t−tπ/2)

T2 sin(ωat+ φ)

Mz = Mztπ/2 [1− e
−(t−tπ/2)

T1 (1−
Mztπ/2

Mtπ/2

)]

t ≥ tπ/2, (7)

where Mxytπ/2 and Mztπ/2 respectively indicate the projection of the net magnetization vector on the x−y plane
and along the z direction at t = tπ/2.

3. RESULTS AND DISCUSSIONS

3.1 Numerical simulation results of the electronic spin polarization

The electronic spin polarization spatial distribution is obtained through the COMSOL Multiphysics software by
solving the equation(2) with the boundary conditions equation(3). In the experiments, we use a cubic vapor
cell with an inner length of 3mm. Therefore, 1.3mm and 2.3mm are chosen to be the beam diameters in the
numerical simulations. Considering the laser power range of the pump laser in the microfabricated NMRGs, the
power range in the simulations is set to be 0.5mW to 5mW.

(a) (b)

(c) (d)

Figure 1. The spatial distribution of the electronic spin polarization in the y-z plane .(a)0.5mW pump power and 1.3mm
beam diameter (b)4mW pump power and 1.3mm beam diameter(c)0.5mW pump power and 2.3mm beam diameter
(d)4mW pump power and 2.3mm beam diameter

Fig.1 shows the spatial distribution of electronic spin polarization under different pump power and beam
diameters. It can be seen that the pump power and beam diameter have a significant impact on the inhomogeneity
of the electronic spin polarization, but it is difficult to be described accurately and quantitatively. The average
spin polarization increases with the pump power, and the increasing speed decreases with the pump power.
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Moreover, Fig.2 illustrates the relationship between the average spin polarization and pump power. The
maximum average spin polarization under different diameters seems to be limited. The average spin polarization
with the 1.3mm and 2.3 mm beam diameters is 0.3427 and 0.6194, when the pump power is 5mW. The ratio of
the pump power is 1.81 while the ratio of beam diameters is 1.76, so the limits of the maximum average spin
polarization may have a linear relationship with the beam diameter, which is an interesting observation.
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Figure 2. Average spin polarization

3.2 Experimental measurements of T2

The experiment setup is shown in Fig.3. The pump laser has the same direction as the static magnetic field

Figure 3. A schematic of the experimental setup

B0, whose wavelength is at the D1 line of Rb. The probe laser has the same direction as the driving magnetic
field, and its wavelength is at the D2 line of Rb. After passing through the vapor cell, the probe laser passes
through the spin polarization beam splitter and is detected by the balance detector. The pump laser is circularly
polarized while the probe laser is linear polarized. The outer length of the cubic vapor cell is 4mm, and the
wall thickness is 0.5mm. The composition of the vapor cell is natural abundance Rb, 2 Torr 129Xe, 8 Torr 131Xe
and 200 Torr N2. The electronic heater with magnetic field suppression function heats the vapor cell to 110◦C.
The magnetic shielding system is used to suppress the interference of the environmental magnetic field, and the
three-axis coils are used to generate the magnetic field required by NMRGs.

Experimental results show that the transverse relaxation time decreases with the increase of pump power, and
the attenuation speed also decreases with the increase of pump power in Fig.4(a). Under the same pump power
condition, the relaxation time with a 2.3mm pump beam diameter is shorter than with a 1.3mm pump beam
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diameter. It is worth noting that in Fig.4(b), we innovatively find the transverse spin relaxation rate shows
a linear relationship with the average electronic spin polarization, which is obtained through the numerical
simulations. The goodness of fit with the 1.3mm beam diameter and the 2.3mm beam diameter is 0.9954 and
0.9904, respectively. The transverse relaxation rate of noble gas nuclear spins Γ in the NMRGs consists of these
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Figure 4. The influence of pump beam and beam diameter in the transverse relaxation time. (a)the transverse relaxation
time under different pump laser parameters(b)the relationship between the transverse relaxation rate and the electronic
spin polarization

following parts:14

Γ = Γcoll + Γwall + Γ∆B + Γ′, (8)

where Γcoll represents the relaxation rate caused by collisions between noble gas and Rb atoms, Γwall represents
the relaxation rate caused by the collisions between noble gas atoms and the cell wall, Γ∆B represents the
relaxation rate caused by the magnetic field inhomogeneity, and Γ′ represents the relaxation rate caused by the
self-collisions of noble gas atoms.

The Γcoll is proportional to the density of Rb atoms,14 and the density of the polarized Rb atoms can be
considered to be positively related to the average polarization. Therefore, one of the sources of influence on the
transverse relaxation rate from the pump laser may be the average electronic spin polarization.

On the other hand, the Rb magnetic field sensed by the noble gas can be expressed as:4,15

BRb = KPe, (9)

where K is a scalar parameter, which is proportional to the enhancement factor of Rb–Xe interaction, the electron
moment and the Rb density. According to the equation(9), the inhomogeneity of the alkali-metal vector magnetic
field is considered to be caused by the inhomogeneity of the electronic spin polarization spatial distribution.

In conclusion, the pump laser can affect the transverse relaxation rate through its effect on the magnetic
field inhomogeneity and the collisions between noble gas and alkali metal atoms. This theoretical analysis has
the potential to be the effective explanation for the experimental results shown in Figure. (4). The quantitative
contribution of the pump lasers parameters to the two components of the relaxation rate is worthy of further
study.

4. CONCLUSION

Focusing on the influence of the pump beam parameters on the transverse relaxation rate of noble gas nuclear
spins in the NMRGs, we simulate the electronic spin polarization spatial distribution in three-dimensional space
and measure the transverse relaxation time of noble gas nuclear spins. It is concluded that pump power and
beam diameter obviously affect the electronic spin polarization spatial distribution and average electronic spin
polarization. Meanwhile, the transverse relaxation rate of noble gas nuclear spins increases with pump power, and
the transverse relaxation rate is larger under a larger pump beam diameter. Moreover, the transverse relaxation
rate shows a linear relationship with the average electronic spin polarization. This work provides a reference for
the study of nuclear spin relaxation and optimization of the parameters of the pump laser in NMRGs.
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